Analizis II. 1. CSORGO 8. HET

1. Csorgd 8. hét

1.1. feladat
flz,y) = 4a® — 2%y — 209” + 2y + 2% —y® — 20y + 32+ 2y — 1 (1,1)

0
a—:l2$2—2my—2y2+2m—2y+3 =11
v (1,1
0
—f:—x2—4xy—|—6y2—2y—2x+2 =-1
y
(1,1
0% f
(1,1
0% f 0% f
= = —2x — 4y -2 = -8
Oydxr  O0x0y (1)
2
or =—-4r+12-2 =6
Oy?
(171)

To(z,y) =5+11(x—1) —(y— 1) +12(x —1)? —4(z - 1)(y — 1) +3(y — 1)?

1.2. feladat

cos T
= 0,0
fan) =22 (0.0)
8i _ sinz —0
Ox cosy ©0.0)
Of cosxsiny
oty |V
Y Y 0.0)
0% f cos T
0z cos =1
0.0
0% f B 0% f _ sinxsiny 0
= = - 2 =
Jdydx  Odx0y cos? y 0.0)

0?f  coszcos®y+2cosxsin®ycosy  cosazsin’y 4 cosx

oy costy cos3y

=1

(0,0

1
Tz(x,y)=1+§<—x2+y2)
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1.3. feladat

of T
or 1— 22 — 2 =0
— Y 0.0
of _ y —0
Oy 22 —2
Y —z% =y 0.0)
0% f y’ -1
9? 7 -
(=22 =92)% 0o
0*f o _  wy 0
Oydx  O0x0y 1— 22 — 42 00)
2 2
o°f =1 _ _

1.4. feladat
flay) =3z -2 -4y +3)°+2(x—-2)(y+3)+8(x—2) +25(y +3) —24 =
=322+ 20y —4y°> + 20— 3y — 1

1.5. feladat

3 2
// (22° + 3zy + 4y*) dR = / / (222 + 3zy + 4y?) dedy =
R 0 1

2

3
14 9 4 9, 4
dy:/ <+y+4y2>dy=y+y2+y3
, \3 72 3V T3

3
2 3
:/ Z2® + Zaty + day?

0 3 2 )

2 /3
// (2:102 + 3zy + 4y2) dR = / / (2962 + 3zy + 4y2) dydz =
R 1 Jo

3

? 2 3 9,4 281
= iy + -xy + Sy -
1 2 3 o

2
27 27
dx = / (6362 + ?x + 36) de =222 + Z:EQ + 36x
1

1

1.6. feladat
Vi Vi
// zysin (z* 4+ y*) dR = / / zysin (z* 4 y*) dedy =
R 0 0

Vi V&3 1 T
dy = / —5Y| cos ( + y2) —cosy? | dy =
0 2 2

0
VE

1
=-1 (Sin (;T +y2> —Siny2> i

// Ty sin (1:2 + yz) dR = / / Ty sin (172 + y2) dydz =
R 0 0

B

= / f}ycos (x2+y2)
0

2
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H VER]
dx:/ —x(cos (xQ—i—ﬂ-) —cosx2> dx =
0 2 2
0
1
=-1 <sin (J:2 + ;T) — sina:z)

2 4 2 4
// e*TYdR = / / eV drdy = / ety
R 1 1 1

1

VE 1 2, .2
:/O —imcos(:v +y?)

e

0

1.7. feladat

2
dy = / (MY —e' ) dy =
1

2

.
:€4+y*61+y 16676d763+62
1
2 4 4 2 4
// e*TYdR :/ / etV dy dx :/ Y| dx :/ (ez+2 - e”l) dz =
R 1 J1 1 L 1
4
— ea:+2 ea:+1 — e6 _ 65 _ 63 + 62

4 2
ey :(64—6)(62—6)266—65—63+62
1 h

4 2
// e“‘ydR:/ ezdm/ eYdy =e”
R 1 1

1.8. feladat

Konnyen lathato, hogy az R tartomanyra

R= {(x,y) eRﬂ;« el0,1,yet 717,2+2x}}.

1 2422 1
// (2° + 2zy) dR = / / (2 + 22y) dyda = / a?y + xy®
R 0 Ji-a 0

1
:/O (x2(2+2x7 1+a)+z((2422)° — (1 —x)z))dx =

Ekkor
24+2x

dx =

1—x

1
1
) 11 2
:/0 (6x3+11x2+3x) dx = %$4+§x3+212 30

1.9. feladat
fla,y) =2® +y
R= {(x,y) € RQ‘y €[0,1],z € [yQ,\/zj]} = {(a:,y) € RQ‘JT €0,1],y € [a:Z,\/aﬂ}

1 VT 1 vy
// ($2+y)dR:/ / (x2+y)dxdy:/ —d 4y dy=
R 0 Jy2 0 3 Y2
! 1 8 1 1T 33
3 6 2 3 g 7 4
= _ = _ dy = — Y G e
/0 <3y2 3 v y> T LA TR AL ERET
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1 VE 1 Ve
// (J:2—|—y)dR— (x2+y)dydx=/ 22y + —y?| dx =

R 0 2 2 22

1
1 2 =z 1 1 1 33
4 4 z 5 2 20

= — — — d = — —_ — — _ — = —
/0 (W T 2x) TEIT T Y| T 1o

1.10. feladat
flzy) =2 +y°
R= {(x,y) € RQ‘JZ €[0,1],y € [xQ,\/E]} = {(x,y) € RQ’y el0,1],z € [yZ,\/Q]}

Nz
// z? +y dR // 2 42 dydx—/xy+3y da =
0
1 1 2 1 2 T
6 I 6 g 7
= — _ — d = — _ = —_ _— = —
/0(33 2+ 303 3x) S R T T 7200
1 VT 14 vy
// (2 +y*)dR = (m2+y2)dxdy:/ —od tay?| dy =
R 0 Jy2 0o 3 )2
1
_/1131+2 dyo 2p_ Lo 25 Lol 43
— ), \3¥ T3v Ty v ) dy = gzu7 = gyt Tyt gy . 210
1.11. feladat
1
f(x,y) =2y +a+2 R={(fc7y)€R2x€[1,3Ly€[Om]}
1
3 pl 3 B
//(2y+a:+2)dR:/ / (2y+x+2)dydx:/ v+ ay+ 2yl dr=
R 1 0 1

0

3
3
1 2 1 8
:/ —+1+—-)dr=——+2+2lnz| =-+1n9
1 \22? x x 3

1

1.12. feladat
flz,y) =

R= {(x y)ER2’x6[01 y € m,x} {xy €R2‘y€ [0,1], are[y,\/@]}

1 T 1 .
// zeV dR = / / reV dydzr = / ze¥| dx= / (o:e“" - xe””z) dr =
R 0 Ja2 0 . 0

zem(x—l)—%

1 ,F 1,2
//xeydR:/ / xeydxdy:/ —eY
R 0 Yy 0 2 y

= —%ey(y2 -3y +3)
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1.13. feladat

flxy)=2*+y*> R= {(x,y) € RQ’@/ €[0,1],z € [%3—@/]}

13—y 1
// (xz + y2) dR = / / (x2 + y2) dxdy = / 13:3 + x1?
R 0 Yy 0 3 v

1 1
1 .1 f 8
:/ (3(3y)33y3+(3y)y2y3>dy/ <3y3+6y29y+9>dy
0 0

1

3—y

24 392
=Syt 2t — Sy 49
3Y T2 = Sy 9y

6

0

1.14. feladat
flz,y)=4—y> R= {(x,y) eRﬂxG [-V2,V2],y € [:c2—2,2—x2]}

V2 o2 V3 1. 22
//(4—y2)dR:/ / (4—y2)dyd:17:/ 4y — =3 dx =
R V2 Jz2-2 -V2 3 r2—2
V2
V2
= / <2x6 — 42t + 32) dx = zx7 — éx5 + 32x = 576v2
~v32 \3 3 21 5 3 s 35

1.15. feladat
flz,y) =9y* -2z R= {(m,y) € R2‘y € [— \/g,\/g],x € [y2 —370]}

V3 0 V3 0
// (y2 — Zx) dR = / / (y2 — 2x) dedy = / :vy2 —x? dy =
" VeSS -3 y2-3
V3 ) V3 V3
= / ((112 =3)" = (v* - 3)y2) dy = / (9-3y%)dy =9y —¢* —12V3
-3 -3 V3

1.16. feladat

flx,y)=2y R= {(Jz,y) € R?

1 1
x €10,2],y € [2:572—30}}

2 r2—ix 24 z
//xydR:/ / a:ydydx:/ — 7
R 0 Jiz 0o 2

217
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